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Abstract
The coarsening behavior of four Al(Sc,Zr) alloys containing small volume fractions (<0.01) of Al3(Sc1xZrx) (L12) precipitates was
investigated employing conventional transmission electron microscopy (CTEM) and high-resolution electron microscopy (HREM). The
activation energies for diﬀusion-limited coarsening were obtained employing the Umantsev–Olson–Kuehmann–Voorhees (UOKV)
model for multi-component alloys. The addition of Zr is shown to retard signiﬁcantly the coarsening rate and stabilize precipitate morphologies. HREM of Al(Sc,Zr) alloys aged at 300 C reveals Al3(Sc1xZrx) precipitates with sharp facets parallel to {1 0 0} and {1 1 0}
planes. Coarsening of Al-0.07 Sc-0.019 Zr at.%, Al-0.06 Sc-0.005 Zr at.% and Al-0.09 Sc-0.047 Zr at.% alloys is shown to be controlled
by volume diﬀusion of Zr atoms, while coarsening of Al-0.14 Sc-0.012 Zr at.% is controlled by volume diﬀusion of Sc atoms.
 2005 Acta Materialia Inc. Published by Elsevier Ltd. All rights reserved.
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1. Introduction
The temporal evolution of the nanostructure of an aged
Al(Sc,Zr) alloy is reported in Part I [1], utilizing highresolution electron microscopy (HREM) and atom-probe
tomography (APT). APT analysis is the only method that
yields directly precipitate compositions; the analyses of precipitates shows that Zr substitutes for Sc in Al3Sc precipitates to form Al3(Sc1xZrx) precipitates, where their
composition is temporally evolving. Zirconium diﬀuses
four orders of magnitude slower than Sc in Al at 300 C
[2,3], and after aging at 300 C for 2412 h the Al3(Sc1xZrx)
precipitates have not achieved global thermodynamic equilibrium; we propose that Al(Sc,Zr) alloys do not reach a
global equilibrium, within reasonable time periods, when
aged between 300 and 375 C. In addition, the temporal
evolution of Al3(Sc1xZrx) precipitates does not achieve a
stationary state. This article examines the morphological
*
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and temporal evolution of Al3(Sc1xZrx) precipitates
employing conventional transmission electron microscopy
(CTEM), which is necessary to understand fully the temporal evolution of this system.
The seminal model for diﬀusion-limited coarsening of
binary alloys was developed by Lifshitz and Slyozov [4]
and Wagner [5] (LSW model), which assumes: (i) no elastic
interactions occur between precipitates, thereby limiting the
precipitate volume fraction to zero; (ii) the diﬀusion ﬁelds
of precipitates do not overlap; (iii) dilute solid-solution theory obtains; (iv) coarsening occurs in a stress-free matrix;
(v) the linearized version of the Gibbs–Thomson equation
is valid; (vi) precipitates have a spherical morphology and
(vii) precipitates coarsen with a ﬁxed chemical composition. A general analytical approach for determining the diffusion-limited coarsening rate in multi-component alloys
was ﬁrst described by Umantsev and Olson, UO model
[6]. Later, the speciﬁc case of steady-state coarsening in
ternary alloys, which includes capillary eﬀects, was solved
by Kuehmann and Voorhees, KV model [7]. Collectively,
the Umantsev and Olson [6] and Kuehmann and Voorhees
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[7] approaches are denoted the Umantsev–Olson–
Kuehmann–Voorhees (UOKV) model. As indicated in
Part I [1], there are three temporal equations that describe
diﬀusion-limited coarsening in the asymptotic limit, which
are derived for ternary alloys assuming an ideal dilute solution with the oﬀ-diagonal terms of the diﬀusion tensor
equal to zero [7]. The ﬁrst equation describes the increasing
average precipitate radius, ÆR(t)æ, as a function of aging
time
3
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where ÆR(t)æ is the average radius at time t, ÆR(0)æ is the
average radius at t = 0, here the superscripts a and b refer
to the a-Al matrix and Al3(Sc1xZrx) precipitate phases,
respectively, Vm is the molar volume of an Al3(Sc1xZrx)
precipitate, c is an isotropic interfacial free energy, Rg is
the ideal gas constant, T is the absolute temperature, C ai
is the composition of the ith component in the matrix, Di
is the diﬀusion coeﬃcient of the ith component in the matrix, and ki is the distribution coeﬃcient of the ith species
between the a-Al and Al3(Sc1xZrx) phases and is deﬁned
by C bi =C ai . The right-hand side of Eq. (1) is also given by
kKVt, where kKV is the KV coarsening rate constant. The
value used ideally for ÆR(0)æ is for a system in a stationary
state. The second equation describes the decreasing precipitate number density, NV(t), with increasing aging time
h a
i
Ca
2
2
Rg TV V DCScsc ð1  k Sc Þ þ DZr
ð1  k Zr Þ
Zr
t1 ;
ð2Þ
N V ðt Þ ﬃ
4:21cV m
where VV is the precipitate volume fraction. The third
equation is utilized in Part I [1] for describing the decreasing a-Al matrix solute composition, C ai ðtÞ, with increasing
aging time
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where C ai ðt ! 1Þ is the equilibrium solid-solubility of the
ith component in the a-Al matrix, and kexp is the experimentally determined coarsening rate constant. The quantity in the brackets on the left-hand side of Eq. (3) is
denoted the matrix supersaturation. Eqs. (1)–(3) have the
same time dependencies as diﬀusion-limited coarsening in
binary alloys [8–10], but the coarsening rate constants
(the coeﬃcients of tn) are signiﬁcantly diﬀerent.
Zirconium can substitute for up to 50% of Sc atoms
within Al3Sc precipitates, thus forming Al3(Sc1xZrx)
(where x 6 0.5) [11,12]. Zirconium additions reduce the lattice parameter of Al3Sc [13] and concomitantly the interfacial free and elastic strain energies. Furthermore, the
diﬀusivity of Sc in Al is over four orders of magnitude
greater than that of Zr in Al at 300 C [2,3]. Zirconium
is, therefore, eﬀective in reducing the coarsening rate of

a-Al–Al3(Sc1xZrx) alloys, as conﬁrmed earlier by electrical conductivity [14] and hardness measurements [14,15]
and suggested by Robson [16].
Microstructural decomposition studies of Al-0.18 Sc0.05 Zr at.% [17] and Al-0.24 Sc-0.04 Zr at.% [15] reported
microhardness values greater than those of Al(Sc) alloys
when aged at or above 350 C. Both studies attribute the
increase in microhardness to the presence of a second precipitate phase, Al3Zr (L12), in addition to Al3Sc. CTEM
observations of an Al-0.18 Sc-0.05 Zr alloy, aged at
400 C for 200 h, demonstrate the presence of large semicoherent Al3Sc (ÆRæ = 26.3 nm) and smaller coherent Al3Zr
(ÆRæ = 5.5 nm) precipitates [17], while energy-dispersive
X-ray analyses detected large Al3Sc precipitates and ﬁne
Al3(Sc1xZrx) precipitates in coexistence in Al-0.24 Sc0.04 Zr aged at 400 C for 17 h [15].
The morphological development of Ni3X (L12) precipitates (X = Al, Si, Ge, Ti or Ga) in FCC Ni-rich solid solution, have been studied extensively [18–25], and are directly
comparable to Al(Sc) alloys since they are structurally
analogous. Precipitates in nickel-base alloys occur at higher
volume fractions (typically >0.10) than Al3Sc precipitates,
but the temporal morphological evolutions are similar
[26], as both systems have elastically hard precipitates in
a soft matrix and similar elastic moduli anisotropies. As
Ni3Al precipitates coarsen in nickel-base alloys, their morphology evolves from spheroids to cuboids to arrays of cuboids (octets) that eventually split into smaller precipitates
[20,25]. This morphological evolution is attributed to the
elastic self-energy of isolated precipitates and elastic interactions among precipitates. Morphological evolution is
found to depend on lattice parameter mismatch, interfacial
free energy, and elastic constants, all of which aﬀect directly coarsening kinetics [25].
Because of the small maximum solid-solubility of Sc in
Al, 0.23 at.% at 660 C [27], Al3Sc precipitate volume fractions in the Al(Sc) system are inherently small (<0.01), and
therefore, elastic interactions among precipitates can be neglected; the elastic self-energy of an isolated precipitate is,
however, anticipated to play a role in the morphological
evolution of Al3Sc precipitates. Recent CTEM studies of
Al(Sc) alloys demonstrate a morphological development
that is qualitatively similar to those observed for Ni-base
alloys [26,28]. At low Sc concentrations (60.12 at.% Sc),
Al3Sc precipitates (ÆRæ < 20 nm) are cauliﬂower-shaped
and evolve to spheroids (Al-0.12 at.% Sc [28]) or lobed
cubes (Al-0.07 at.% Sc [26]) after aging for >72 h at
350 C. Higher concentrations of Sc (Al-0.18 at.% Sc) produce faceted or spheroidal Al3Sc precipitates, which evolve
temporally into cuboids upon aging at 400 C.
Part I [1] presents results utilizing APT and HREM to
examine the chemical compositions of Al3(Sc1xZrx) precipitates. Part II presents results utilizing CTEM and
HREM to investigate the temporal coarsening characteristics of Al3(Sc1xZrx) (L12) precipitates by examining: (1)
the morphology of Zr-containing precipitates; (2) how
the morphology changes as a function of Zr concentration;
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(3) the mechanism(s) of coarsening. This work is part of a
research program to deduce the relationships between the
nanostructures of two-phase a-Al–Al3(Sc1xZrx) alloys
and their mechanical properties at ambient and elevated
temperatures [13,26,29–45], in particular creep.
2. Experimental methods
Alloys and TEM samples were produced using the procedures outlined in Part I [1]. In Table 1, the compositions,
calculated equilibrium volume fractions, and Sc/Zr ratios,
based on at.% and wt.% concentrations, of the Al(Sc,Zr)
alloys investigated in Part II are listed. Homogenization
was performed at 648 C for 72 h, within the single-phase
region, followed by water quenching to 24 C. Samples
were then aged, within the two-phase region, at 300, 350
or 375 C, for times between 1.2 and 2412 h to produce
Al3(Sc1xZrx) (L12) precipitates.
TEM samples were examined in an Hitachi-H8100
(CTEM) and a JEOL 4000 EXII (HREM), the latter at Argonne National Laboratories, operating at 200 kV. Conventional TEM was performed with samples oriented
along the Æ1 0 0æ or Æ1 1 0æ type directions, utilizing twobeam diﬀraction conditions. Dark-ﬁeld images of the
precipitates were formed using four {1 0 0} superlattice reﬂections. The thickness of the foil was determined employing a combination of the convergent two-beam electron
diﬀraction (CBED) and thickness-extinction contour fringe
methods. To ensure accurate statistics, a minimum of 400
precipitates was used for each coarsening data point. Precipitate dimensions were determined using image-analysis
software (NIH Image). For all morphologies, the dimensions of precipitates were calculated by determining the
diameter of an area-equivalent circle, which yields an eﬀective diameter [23]. Determination of precipitate number
densities employed KellyÕs procedure [46] for projected precipitates without overlap or truncation eﬀects. HREM was
performed on samples oriented along the [1 0 0] zone axis,
and Al3(Sc1xZrx) precipitates were imaged with an objective aperture placed around the incident beam and the
surrounding four {1 0 0} and four {1 1 0} superlattice reﬂections. This technique [26] resolves clearly the precipitatesÕ
lattice fringes, but not the matrixÕs, and allows for deﬁnitive imaging of the a-Al–Al3(Sc1xZrx) heterophase interfaces, which are structurally sharp on an atomic scale.

5417

3. Results
3.1. Morphological evolution of Al3Sc1xZrx precipitates
Aging of ternary alloys at 300 C produces precipitates
with ÆRæ < 4 nm. Fig. 1 compares the Al3(Sc1xZrx) precipitate morphology, as determined by HREM along the
Æ1 0 0æ direction, for the four Al(Sc,Zr) alloys aged at
300 C for 576 h The precipitates are faceted parallel to
the {1 0 0} and {1 1 0} planes, as indicated by the white
lines. In contrast to the other Al(Sc,Zr) alloys, Al-0.09
Sc-0.047 Zr (Fig. 1(c)) has distinct faceting along the right
edge of the precipitate, while atomic height ledges (arrow)
are seen along the top left-side of the precipitate. The inset
diﬀraction pattern (Fig. 1(b)) exhibits FCC and L12 reﬂections, and no additional extra reﬂections due to the Al3Zr
(DO23) phase.
Fig. 2 exhibits CTEM images of the Al-0.07 Sc-0.019 Zr
alloy, which demonstrates the morphological development
of this alloy for diﬀerent aging times and temperatures.

Fig. 1. A comparison of precipitate morphologies as observed employing
HREM images, [1 0 0] zone axis, of alloys aged at 300 C for 576 h: (a) Al0.06 Sc-0.005 Zr; (b) Al-0.07 Sc-0.019 Zr; (c) Al-0.09 Sc-0.047 Zr; (d) Al0.14 Sc-0.012 Zr. The arrow in (c) denotes the presence of an atomic height
ledge.

Table 1
Compositions, volume fractions, and Sc/Zr ratios of alloys investigated
Alloy (at.%)

Al-0.06
Al-0.07
Al-0.09
Al-0.14
a

Sc-0.005
Sc-0.019
Sc-0.047
Sc-0.012

Zr
Zr
Zr
Zr

Sc (wt.%)

Zr (wt.%)

Precipitate volume fraction (VV)a

Sc/Zr ratio
(at.%/at.%)

(wt.%/wt.%)

0.10
0.11
0.15
0.24

0.018
0.06
0.16
0.04

0.0030
0.0038
0.0071
0.0074

12
3.7
1.9
11.7

5.6
1.8
0.9
6

Calculated from thermodynamic data at 300 C [1].
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Fig. 2. A comparison of precipitate morphologies as observed employing
superlattice dark-ﬁeld CTEM images (utilizing a 100 superlattice reﬂection
near the [1 0 0] zone axis) of Al-0.07 Sc-0.019 Zr aged at: (a) 300 C for
288 h; (b) 300 C for 2412 h; (c) 350 C for 288 h; (d) 375 C for 196 h.

After aging at 300 C for 288 h (Fig. 2(a)) or 2412 h
(Fig. 2(b)), Al3(Sc1xZrx) precipitates exhibit a spheroidal
shape, with ÆRæ < 3 nm. Increasing the aging temperature
to 350 C, for an aging time of 288 h, produces a combination of spheroidal and cuboidal precipitates (Fig. 2(c)),
with ÆRæ = 8.1 ± 0.4 nm. Aging at 375 C for approximately the same time, 192 h, produces lobed-shaped cuboidal precipitates (ÆRæ = 23.3 ± 1.2 nm, Fig. 2(d)), where the
lobes form along Æ1 1 1æ-type directions.
The eﬀect of solute concentration is displayed in Fig. 3
for Al(Sc,Zr) alloys aged at 375 C for 192 h. In comparison to the other alloys, Al-0.06 Sc-0.005 Zr has the lowest
precipitate volume fraction (0.0029) and the largest precipitate radii (ÆRæ = 26.9 ± 1.4 nm). When this alloy is aged at
375 C, the morphology is lobed cuboidal precipitates,
Fig. 3(a). The dotted arrows indicate misﬁt interfacial dislocations, which demonstrate a partial loss in coherency
for precipitates for this ÆRæ and larger. The larger Zr concentration in Al-0.07 Sc-0.019 Zr produces a larger precipitate volume fraction (0.0036) and a smaller precipitate
radius (ÆRæ = 23.3 ± 1.2 nm, Fig. 3(b)). Increasing the precipitate volume fraction to 0.0068 (Al-0.09 Sc-0.047 Zr)
decreases the precipitate radius (ÆRæ = 10.6 ± 0.5 nm),
and produces a combination of spheroidal and cuboidal
precipitates (Fig. 3(c)); in contrast, the Al-0.14 Sc-0.012
Zr (volume fraction = 0.0072) alloy contains spheroidal
precipitates with ÆRæ = 5.4 ± 0.3 nm (Fig. 3(d)). Spheroidal
and cuboidal Al3(Sc1xZrx) precipitates are uniformly distributed throughout the matrix, while lobed cuboidal precipitates form in isolation and in lines associated with
dislocations, indicating that the latter are heterogeneously
nucleated.

Fig. 3. A comparison of precipitate morphologies as observed employing
superlattice dark-ﬁeld CTEM images (utilizing a 100 superlattice reﬂection
near the [1 0 0] zone axis) of alloys aged at 375 C for 196 h: (a) Al-0.06 Sc0.005 Zr; (b) Al-0.07 Sc-0.019 Zr; (c) Al-0.09 Sc-0.047 Zr; (d) Al-0.14 Sc0.012 Zr. The dotted arrows in (a) indicate the presence of interfacial misﬁt
dislocations.

3.2. Precipitate size distributions
Precipitate size distributions (PSDs) are produced from
histograms of the PSD function (g) plotted as a function of
normalized radius (u = R/ÆRæ). PSDs are displayed for the
Al-0.14 Sc-0.012 Zr alloy aged at: (1) 300 C for 288 h
(Fig. 4(a)) and 2412 h (Fig. 4(b)); (2) 350 C for 72 h
(Fig. 4(c)) and 2328 h (Fig. 4(d)) and (3) 375 C for 3 h
(Fig. 4(e)) and 192 h (Fig. 4(f)). Precipitates with radii
smaller than 2 nm are below the conventional TEM resolution limit, thus the smallest precipitates could be undercounted. Calculated PSDs, according to the LSW and
Brailsford–Wynblatt (BW [47]) models, are superimposed
on the experimental data. The BW model includes a correction for precipitate volume fraction that decreases the peak
height relative to LSW model; recall that the LSW model
assumes a precipitate volume fraction approaching zero.
The PSDs for aging at 300 and 350 C have a similar
broadness and an increased height relative to those predicted by both models, while the 375 C PSDs are narrower
and taller than predicted by both models. Other coarsening
models contain precipitate volume fraction corrections
[48], but at small volume fractions (<0.01) all models predict the same result, which is represented in this article
by the BW model.
3.3. Time exponents for coarsening
Coarsening data is displayed by plotting ÆR(t)æ as a function of time on a double logarithmic plot, Eq. (1). Fig. 5 is
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Fig. 4. Examples of precipitate size distributions (PSDs), in which
histograms of the PSD function, g, are plotted as a function of normalized
radius, u = R/ÆRæ. These distributions are for an Al-0.14 Sc-0.012 Zr alloy
aged at: 300 C for (a) 288 h and (b) 2412 h; 350 C for (c) 72 h and (d)
2328 h and 375 C for (e) 12 h and (f) 192 h The predictions of the LSW
(solid line) [4,5] and BW (dashed line) [47] models are shown for
comparison.

a compilation of the coarsening behavior of Al-0.06 Sc0.005 Zr, Al-0.07 Sc-0.019 Zr, Al-0.09 Sc-0.047 Zr, and
Al-0.14 Sc-0.012 Zr alloys at aging temperatures between
300 and 375 C. The slopes of Fig. 5 yield the time exponents for coarsening, which are equal to 0.1 or less, with
the exception of 0.21 (Table 2), and all are signiﬁcantly
smaller than the 1/3 value predicted in Eq. (1). This is in
distinct contrast to Al-0.18 at.% Sc, which yields a slope
of ca. 1/3 (Fig. 5(a) and (b)). The time exponent for Eq.
(2) is determined from a double logarithmic plot of precipitate number density, NV(t), vs. aging time, and values are
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Fig. 5. Double natural logarithmic plot of average precipitate radius, ÆRæ,
vs. aging time for indicated alloys at: (a) 300 C; (b) 350 C; and
(c) 375 C. The data for the binary Al-0.18 at.% Sc alloy are from [26].

given in Fig. 6 and Table 3. The exponents range from
0.00072 to 0.39, which are all considerably smaller than
the predicted value of 1. Depletion of the matrix concentration as a function of aging time, as predicted by Eq. (3),
is plotted in Fig. 14 of Part I [1]; the resulting time exponents for coarsening at 300 C are 0.33 for Sc and
0.11 for Zr, compared to the model value of 1/3. In Part
I, we showed that the precipitate composition is temporally
evolving. Thus, the three measured time exponents for
coarsening indicate that Al(Sc,Zr) alloys do not follow
the temporal predictions of the quasi-stationary-state KV
model for a ternary alloy.

Table 2
Experimental time exponents for coarsening from the relation of ÆR(t)æ vs. t (Fig. 5)

300 C
350 C
375 C

Al-0.06 Sc-0.005 Zr

Al-0.07 Sc-0.019 Zr

Al-0.09 Sc-0.047 Zr

Al-0.14 Sc-0.012 Zr

0.04 ± 0.01
0.10 ± 0.01
0.06 ± 0.02

0.03 ± 0.02
0.08 ± 0.01
0.03 ± 0.01

0.05 ± 0.03
0.21 ± 0.01
0.07 ± 0.01

0.02 ± 0.01
0.07 ± 0.02
0.02 ± 0.01
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Fig. 6. Double natural logarithmic plot of precipitate number density, NV,
vs. aging time for indicated alloys at: (a) 300 C; (b) 350 C; and (c)
375 C.

4. Discussion
4.1. Morphological evolution of Al3(Sc1xZrx) precipitates
The balance between isotropic interfacial and elastic
energies of precipitates dictates the morphology of coherent precipitates [49]. When the precipitate surface-area-tovolume ratio is large, as is the case for small Al3(Sc1xZrx)
precipitates, the morphology is determined by the minimization of the isotropic interfacial free energy, leading to
approximately spheroidal precipitates as observed in Figs.
1, 2(a,b) and 3(d). In contrast, when the Al3(Sc1xZrx) precipitate surface-area-to-volume ratio is small, it is the elastic strain energy that determines the morphology. For the
case, when the precipitate is elastically stiﬀer than the matrix, that is, C precipitate
 C matrix
(C44 is the shear modulus),
44
44

the cuboidal morphology dominates (Figs. 2(c) and 3(c)),
while the plate-like morphology dominates when the matrix is elastically stiﬀer than the precipitate.
The equilibrium shape of precipitates, when dictated by
the anisotropy of interfacial free energy, is deduced from
Wulﬀ plots [49], utilizing anisotropic interfacial free energy
values from the literature, if available. Employing a
HREM to investigate Al-0.18 at.% Sc aged at 300 C, Marquis and Seidman [26] determined that the equilibrium
shape for Al3Sc precipitates is the great rhombicuboctahedron, which has 6{1 0 0}, 12{1 1 0}, and 8{1 1 1} facets. In
Fig. 3, Al3(Sc1xZrx) precipitates are observed to have facets parallel to the {1 0 0} and {1 1 0} planes, which appear
to be nearly equal in length to those observed in the Al0.18 at.% Sc alloy, indicating that the anisotropy of the
interfacial free energy for Al3Sc and Al3(Sc1xZrx) precipitates is similar.
HREM observations [26] demonstrate irregularly
shaped precipitates with no facets in Al-0.07 at.% Sc aged
at 300 C for 72 h. The irregular shapes are attributed to
growth instabilities caused by the low Sc supersaturation
in the matrix; at a constant aging temperature the volume
fraction is directly proportional to the supersaturation.
Additions of Zr to the Al-0.07 at.% Sc alloy stabilize the
morphology of Al3(Sc1xZrx) precipitates, such that clear
facets parallel to the {1 0 0} and {1 1 0} planes are observed
(Fig. 1(a) and (b)). While the Al-0.06 Sc-0.005 Zr and Al0.07 Sc-0.019 Zr alloys we investigated have slightly higher
volume fractions (0.0031 and 0.0038, respectively) than the
binary alloy [26] (0.0026), we believe that the small change
in volume fraction does not account for the lack of growth
instabilities. If growth instabilities are attributed solely to
supersaturation, then increasing the supersaturation,
(thereby increasing the volume fraction from 0.0026 to
0.0046, which occurs when comparing the Al-0.07 at.%
Sc alloy aged at 300 C [26] to the Al-0.12 at.% Sc alloy
aged at 350 C [28]), should not produce the irregularly
shaped precipitates that are observed by CTEM in both
binary alloys. The presence of zirconium, therefore, appears to stabilize Al3(Sc1xZrx) precipitates against growth
instabilities.
The value of NV for Al-0.06 Sc-0.005 Zr aged at 300 C
for 576 h is (10 ± 3) · 1021 m3, while the NV value for
Al-0.07 at.% Sc (aged at 300 C for 576 h) is (5 ± 2) ·
1020 m3 [26]; therefore, adding 0.005 at.% Zr increases
NV by more than a factor of 20. This demonstrates that
Zr additions are highly eﬀective in increasing NV, which
may be the result of heterogeneous nucleation of Al3Sc
and/or Al3(Sc1xZrx) precipitates on Sc–Sc, Zr–Zr, and/or

Table 3
Experimental time exponents for coarsening, from the relation of NV vs. t (Fig. 6)
300 C
350 C
375 C

Al-0.06 Sc-0.005 Zr

Al-0.07 Sc-0.019 Zr

Al-0.09 Sc-0.047 Zr

Al-0.14 Sc-0.012 Zr

0.04 ± 0.03
0.20 ± 0.04
0.27 ± 0.05

0.28 ± 0.01
0.31 ± 0.03
0.29 ± 0.02

0.32 ± 0.09
0.39 ± 0.06
0.19 ± 0.05

(7.2 ± 7.1) · 104
0.13 ± 0.08
0.04 ± 0.03
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Sc–Zr dimers or perhaps larger solute clusters. Also a larger
Zr concentration increases the supersaturation and therefore the driving force for homogeneous nucleation, and
concomitantly the nucleation current, which implies a higher number density of homogeneously nucleated precipitates.
The lobed cuboids (Fig. 3(a) and (b)) are observed only in
the Al-0.06 Sc-0.005 Zr and Al-0.07 Sc-0.019 Zr alloys. Since
the volume fraction of precipitates is small (<0.004) in these
alloys, there are minimal elastic and diﬀusion ﬁeld interactions between neighboring Al3(Sc1xZrx) precipitates; as a
result, the Al3(Sc1xZrx) precipitate morphology is due to
the elastic self-energy of isolated precipitates. The morphology of isolated individual precipitates is rarely observed
experimentally because of the presence of elastic and diﬀusional interactions between precipitates; isolated precipitate
morphologies can, however, be calculated, for example,
utilizing the discrete atom method [50]. This method treats
isolated two-dimensional precipitates in a cubic matrix
and ﬁnds them
 to
 have fourfold symmetry (elongated along
the [1 1] and 1 
1 directions), which is not due to the anisotropy of interfacial free energy. This fourfold symmetry is
attributed solely to elastic self-energy due to the lattice
parameter mismatch and the diﬀerent elastic anisotropies
of the two phases. Similar Al3(Sc1xZrx) precipitate morphologies are observed in a binary Al-0.07 at.% Sc alloy containing about the same volume fraction of Al3Sc precipitates
[26].

diﬀusional mechanism aﬀects a shift in a precipitateÕs center-of- mass. Since the time exponent for coarsening is
shown to depend on the spinodal critical temperature
(Tc), this model [55,56] yields exponents of 1/6 (at low temperatures, where T is much less than Tc), and 1/5 or 1/4 (at
intermediate temperatures, where T is at or slightly above
Tc). Recent lattice kinetic Monte Carlo simulations [57]
demonstrate that coarsening kinetics are a function of the
possible diﬀerent vacancy concentrations in the matrix
and precipitate phases. For these simulations, time exponents of coarsening were found to vary from 0.11 to
0.267, depending on where vacancies prefer to diﬀuse (in
matrix or precipitate phases) and the number of time steps
in the lattice kinetic Monte Carlo simulation. When vacancies prefer to diﬀuse inside precipitates, precipitate diﬀusion and coagulation is favored; conversely, when
vacancies prefer to diﬀuse in the matrix, the classical evaporation–condensation mechanism is favored.
Time exponents for coarsening are derived from the
data plotted in Fig. 5. For this procedure to be reliable
ÆR(0)æ  kLSWt must be satisﬁed, which occurs physically
when the increase in precipitate radius is large relative to
ÆR(0)æ. Therefore, accurate time exponents for coarsening
are diﬃcult to calculate, for the Al(Sc,Zr) system, at
300 C, where precipitates do not signiﬁcantly coarsen.
Thus, the time exponents determined are most likely eﬀective values.

4.2. Precipitate size distributions (PSDs)

4.3.2. Coarsening mechanisms
Precipitate coarsening may occur by diﬀusion-limited
coarsening, interface-limited coarsening, or a combination
of these two mechanisms [58], with interface-limited coarsening occurring at small ÆR(t)æ and diﬀusion-limited coarsening occurring at larger ÆR(t)æ values. At constant
precipitate volume fraction, as is the case for the aging
times in this article (Table 4), diﬀusion-limited coarsening
is the most probable mechanism. Analyses of the coarsening results indicate that diﬀusion-limited coarsening is
occurring, which is supported by the agreement of the activation energy values calculated in Section 4.3.2.2 with the
literature values.

PSDs provide a measure of how well coarsening experiments obey extant coarsening models. PSDs were determined for the Al-0.14 Sc-0.012 Zr alloy, which provides a
demonstration of the changes in PSDs as a function of
both aging temperature and time. The LSW model for a
binary alloy predicts that the PSD shape is time-invariant,
that is, it is self-similar, while current coarsening models
[51–54] predict a broadening of the PSD and an increase
in the rate constant, with a concomitant increase in volume
fraction of precipitates. Fig. 4 demonstrates that the fullwidth at half-maximum of the average experimental PSD
does not change signiﬁcantly when Al-0.14 Sc-0.012 Zr is
aged at 300 or 350 C.
4.3. Coarsening in ternary alloys
4.3.1. Time exponents for coarsening
There have been several investigations of the kinetics of
coarsening systems utilizing Eq. (1), which yield time exponents for coarsening (ÆR(t)æ vs. t) with values other than 1/3
[55–57]. A cluster–diﬀusion–coagulation model that applies
to low temperatures has been developed [55,56], where
clusters represent order-parameter ﬂuctuations, and where
diﬀusion of atoms between precipitates is slow. This model
proposes that coarsening may occur through the diﬀusion
and coagulation of entire clusters due to solute-atom transport along interfaces, which is governed by how the local

4.3.2.1. Experimental coarsening kinetics. The coarsening
kinetics for each ternary alloy at 300, 350, or 375 C is displayed in Figs. 7 and 8. As anticipated, the coarsening rate
for each alloy increases with increasing temperature. Fig. 7
demonstrates that increasing the Zr concentration [Al-0.06
Sc-0.005 Zr (Fig. 7(a)) vs. Al-0.07 Sc-0.019 Zr (Fig. 7(b)]
decreases the coarsening rate (slope of the linear ﬁt). To
calculate coarsening rates according to Eq. (1), ÆR(t)æ3 is
plotted as a function of aging time (Fig. 9), where the slope
of the linear regression line is the experimental coarsening
rate, kexp (Table 4).
The interfacial free energy of coherent precipitates is
smaller than that of semi-coherent precipitates, due to the
absence of interfacial misﬁt dislocations. A change in interfacial free energy has a profound impact on the coarsening
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Table 4
Experimentally and theoretically determined coarsening rate constants (kexp and kKV, respectively) and volume fractions (VV) of Al3(Sc1xZrx) precipitates
for each alloy studied
300 C

350 C

375 C

kexp (m3 s1)

(5.13 ± 2.07) · 1033

(1.50 ± 0.22) · 1030

kKV (m3 s1)
kexp/kKV
Exp. VV a
Calc. VVb

2.2 · 1035
229
(2.7 ± 0.8) · 103
3.1 · 103

2.9 · 1033
522
(2.9 ± 0.7) · 103
3.0 · 103

(8.27 ± 4.15) · 1030
(3.15 ± 0.54) · 1029c
2.4 · 1032
344
(2.9 ± 0.9) · 103
2.9 · 103

kexp (m3 s1)

(1.86 ± 0.55) · 1033

(1.62 ± 0.24) · 1031

kKV (m3 s1)
kexp/kKV
Exp. VVa
Calc. VVb

7.2 · 1036
259
(3.3 ± 0.8) · 103
3.8 · 103

9.7 · 1034
166
(3.6 ± 0.7) · 103
3.7 · 103

(4.12 ± 1.72) · 1030
(4.05 ± 0.75) · 1029c
8.5 · 1033
484
(3.3 ± 0.8) · 103
3.6 · 103

Al-0.09 Sc-0.047 Zr

kexp (m3 s1)
kKV (m3 s1)
kexp/kKV
Exp. VVa
Calc. VVb

(4.29 ± 2.58) · 1034
4.7 · 1036
91
(6.8 ± 2.4) · 103
7.1 · 103

(6.75 ± 0.73) · 1032
6.2 · 1034
109
(6.8 ± 2.0) · 103
6.9 · 103

(9.1 ± 1.5) · 1031
5.4 · 1033
170
(6.8 ± 2.0) · 103
6.8 · 103

Al-0.14 Sc-0.012 Zr

kexp (m3 s1)
kKV (m3 s1)
kexp/kKV
Exp. VVa
Calc. VVb

(3.92 ± 3.37) · 1034
2.2 · 1035
18
(6.9 ± 2.1) · 103
7.4 · 103

(9.2 ± 9.1) · 1034
2.9 · 1033
0.32
(6.6 ± 2.0) · 103
7.3 · 103

(2.61 ± 0.79) · 1032
2.4 · 1032
1.1
(6.7 ± 2.0) · 103
7.2 · 103

Alloy (at.%)
Al-0.06 Sc-0.005 Zr

Al-0.07 Sc-0.019 Zr

a

Calculated from: VV = (4/3)ÆræA 0 /H [46]; where A 0 is precipitate areal fraction and H is the TEM foil thickness, which assumes that precipitates are
present in an ideal thin foil.
b
Calculated from thermodynamic data [1].
c
Coarsening rate constants after precipitates have lost full coherency.

kinetics of an alloy, as indicated in Eq. (1). A deﬁnitive
change in the coarsening rate is observed for the Al-0.06
Sc-0.005 Zr and Al-0.07 Sc-0.019 Zr alloys (Fig. 7(a) and
(b), respectively) when aged at 375 C for times longer than
384 h; note the change in slope from (8.27 ± 4.15) · 1030
to (3.15 ± 0.54) · 1029 m3 s1 for the Al-0.06 Sc-0.005
Zr alloy and (4.12 ± 1.72) · 1030 to (4.05 ± 0.75) · 1029
m3 s1 for the Al-0.07 Sc-0.019 Zr alloy (Table 4). The increase in coarsening rate is most likely due to a change in
the interfacial free energy of the precipitates resulting from
a partial loss in coherency, which is consistent with observations in Ni-base [19,22], Fe–Cu [49], and Cu–Co [18] alloys. Examples of precipitates and their associated misﬁt
dislocations are displayed in Fig. 10, where Fig. 10(b)
shows only the locations of the Al3(Sc1xZrx) precipitates
and Fig. 10(c) shows the positions of the misﬁt dislocation
cores in relation to the Al3(Sc1xZrx) precipitates. We,
therefore, calculated coarsening rates and activation energies only for precipitates with ÆRæ < 30 nm, where full
coherency is assured.
For comparative purposes, Fig. 11 shows the coarsening
behavior of the ternary alloys for each aging temperature,
along with the binary Al-0.15 at.% Sc alloy aged at 300 and
350 C [26]. Fig. 11(c) shows the eﬀect of coherency on
coarsening rates for the Al-0.06 Sc-0.005 Zr and Al-0.07
Sc-0.019 Zr alloys at 375 C, where an abrupt change in
slope denotes the loss of precipitate coherency, as determined by the presence of misﬁt dislocations. Thus, partially

coherent precipitates coarsen at a faster rate then fully
coherent precipitates. A comparison between the binary
Al-0.15 at.% Sc and the volume fraction equivalent Al0.14 Sc-0.012 Zr alloy demonstrates that Zr additions are
eﬀective in decreasing the coarsening rate.
The eﬀect of volume fraction on the coarsening kinetics
of Al(Sc,Zr) alloys is examined for the Al-0.06 Sc-0.005 Zr
and Al-0.14 Sc-0.012 Zr alloys, which have Sc/Zr (at.%/
at.%) ratios near one another (therefore sitting on the
same tie-line, Fig. 2 in Part I [1]) and a 58% diﬀerence
in volume fraction (Table 4). As the precipitate volume
fraction is increased from 0.0031 to 0.0074 (Al-0.06
Sc-0.005 Zr and Al-0.14 Sc-0.012 Zr alloys, respectively),
the coarsening rate decreases. An inverse relationship
between the coarsening rate and precipitate volume fraction has been observed in alloys containing small precipitate volume fractions (<0.04) [10,59,60]. The coarsening
rate decreases because of an increase in diﬀusional and
elastic interactions among precipitates, with increasing
precipitate volume fraction. In the Al(Sc,Zr) system, the
precipitate volume fraction is small enough that diﬀusional interactions between precipitates may be negligible,
but we now examine this point in more detail. The distance for diﬀusional interaction of precipitates is known
as the screening distance, and is calculated to be 32ÆRæ
for the Al(Sc,Zr) alloys [61]. When the Al-0.14 Sc-0.012
Zr alloy contains precipitates with ÆRæ = 3.6 nm, the
screening distance is 115 nm, which is 48% larger than

C.B. Fuller, D.N. Seidman / Acta Materialia 53 (2005) 5415–5428

Fig. 7. Coarsening data plotted as average precipitate radius, ÆRæ, vs.
(time)1/3 for: (a) Al-0.06 Sc-0.005 Zr and (b) Al-0.07 Sc-0.019 Zr alloys
aged at indicated temperatures. Numbers next to each curve are the
coarsening rate constants (m3 s1). The sharp change in slope at 375 C is
due to the Al3(Sc1xZrx) precipitates losing their full coherency.

the calculated center-to-center interprecipitate distance of
56 nm [42]. Precipitates will, therefore, interact with each
other via diﬀusion. The same calculation for the Al-0.06
Sc-0.005 Zr alloy, ÆRæ = 3.3 nm, produces a screening distance of 106 nm, which is 72% larger than the interprecipitate distance of 76 nm. Comparing these percentages
(48% for Al-0.14 Sc-0.012 Zr vs. 72% for Al-0.06 Sc0.005 Zr), an increase in volume fraction corresponds to
an increase in diﬀusional interactions between precipitates.
Ardell has independently determined the interfacial free
energy and diﬀusivity of solute atoms, utilizing the asymptotic solutions of Eqs. (1) and (2) for a binary alloy [9].
Extending ArdellÕs approach [9] to a ternary alloy [30],
the data for the Al-0.09 Sc-0.047 Zr alloy in Part I (the variation in matrix Sc composition, the coarsening rate constant of 8.47 ± 4.40 · 107 m3 s1, and the distribution
coeﬃcient for Sc and Zr [1]) is combined with the corresponding coarsening rate constant at 300 C (kexp, Table
4) to determine an interfacial free energy of 59 mJ m2,
Eq. (3). This value is smaller than the calculated interfacial
free energies for the a-Al–Al3Sc interface of 160 mJ m2 for
{1 0 0} and 185 mJ m2 for {1 1 1} orientations at 300 C
[62]. This method assumes the application of the asymptotic solutions to the LSW model, while coarsening of the
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Fig. 8. Coarsening data plotted as average precipitate radius, ÆRæ, vs. t1/3
for: (a) Al-0.09 Sc-0.047 Zr and (b) Al-0.14 Sc-0.012 Zr alloys aged at
indicated temperatures. Numbers next to each curve are the coarsening
rate constants (m3 s1).

Al-0.09 Sc-0.047 Zr alloy at 300 C is shown to be in a
non-stationary-state regime [1].
4.3.2.2. Activation energies for coarsening. Temperature
dependent factors in Eq. (1) are present in the form of
the equilibrium solute concentration in the a-Al matrix
and Al3(Sc1xZrx) precipitate phases. Since Zr substitutes
for Sc within the precipitate phase, the ternary Al–Sc–Zr
system can be considered a pseudobinary system (Al3Sc–
Zr system), where the coarsening rate is determined by
the element with the smaller volume diﬀusivity. This approach was utilized to determine the activation energies
for diﬀusion-limited coarsening in studies of ternary Ni–
Al–Cr [63] and Al–V–Zr [64] alloys. The activation energies
for diﬀusion-limited coarsening, including temperature
dependence, were calculated from the slope of an Arrhenius plot of kexp9RT(cb  ca)2/8ca(1  ca)cVm vs. inverse
aging temperature (Fig. 12(a)), where Zr is assumed to be
the rate-limiting solute element. The resulting temperature
corrected activation energies are listed in Table 5 under QR.
A comparison between the temperature corrected activation energies, QR (Table 5), and the activation energies
for Sc and Zr diﬀusion in Al found in the literature (Table
6) demonstrates that Al-0.06 Sc-0.005 Zr, Al-0.07 Sc-0.019
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Fig. 9. Double logarithmic plots of (ÆRæ)3 vs. aging time for indicated
alloys at: (a) 300 C; (b) 350 C; and (c) 375 C.

Zr, and Al-0.09 Sc-0.047 Zr have activation energies
(258 ± 37, 240 ± 15, and 281 ± 17 kJ mol1, respectively)
near the literature values for Zr in Al (222 [65] and
242 kJ mol1 [3]). In contrast, Al-0.14 Sc-0.012 Zr has an
activation energy (QR = 134 ± 28 kJ mol1), which is near
the literature values for Sc in Al (174 [66], 154 [67], and
164 ± 9 kJ mol1 [26]). Coarsening of precipitates in Al0.06 Sc-0.005 Zr, Al-0.07 Sc-0.019 Zr, and Al-0.09 Sc0.047 Zr alloys is therefore controlled by volume diﬀusion
of Zr and coarsening of precipitates in Al-0.14 Sc-0.012 Zr
is controlled by volume diﬀusion of Sc.
4.3.2.3. Comparison to a ternary coarsening theory. An illustration of the eﬀects of Zr additions on the normalized KV
coarsening rate constant [7], ~k KV , is presented in Fig. 13,
where ~k KV is given by

Fig. 10. The presence of interfacial misﬁt dislocations as observed from:
(a) 2-beam bright-ﬁeld with g = [2 0 0]; (b) superlattice dark-ﬁeld with
g = [2 0 0] and (c) weak-beam dark-ﬁeld CTEM images where g = [2 0 0] is
the imaging reﬂection and 3g is the excited reﬂection. The micrographs are
for an Al-0.06 Sc-0.005 Zr alloy aged at 375 C for 863.5 h.

~k KV ¼

k KV
.
8cV m DSc
9RT

ð4Þ

Fig. 13 is for T = 300 C, where the distribution coeﬃcients
for the Al-0.06 Sc-0.005 Zr alloy are taken from the tie-line
data displayed in Fig. 2 of Part I [1]; it does not, however,
require a knowledge of c and Vm. Fig. 13 demonstrates
quantitatively that the addition of Zr at constant Sc concentration decreases the coarsening rate of Al3Sc
precipitates.
The tie-line data displayed in Fig. 2 of Part I [1] and the
best estimates from the literature for the interfacial energy
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Fig. 12. Arrhenius plots of coarsening rate constant (k) vs. inverse aging
temperature for: (a) experimental data, k = kexp and (b) KV model,
k = kKV. Each slope yields the eﬀective activation energy for diﬀusionlimited coarsening. Data for the Al-0.18 at.% Sc alloy are from [26] (b)
displays the theoretical predictions for the alloys shown in (a).
Fig. 11. Coarsening data as given by average precipitate radius, ÆRæ, vs.
t1/3 for indicated alloys at: (a) 300 C; (b) 350 C; and (c) 375 C. Numbers
next to each curve are the coarsening rate constants (m3 s1). The data for
the binary Al-0.18 at.% Sc alloy is from [26].

(175 mJ m2) [62] and the molar volume of the
Al3(Sc1xZrx) precipitate (1.038 · 105 m3 mol1), calculated from Vm = NAa3/4 (NA is AvogadroÕs number and
a = 0.410 nm is the lattice parameter of Al3Sc0.9Zr0.1
[13]), were utilized to calculate the theoretical coarsening
rates, kKV, for all the Al(Sc,Zr) alloys and aging temperatures. The results are displayed in Fig. 12(b) and Table 4,
which are compared to the experimental data (kexp) in
Fig. 12(a) and Table 4. The ratios of kexp/kKV (Table 4)
indicate that the kexp values are signiﬁcantly greater than
kKV values for all alloys aged at 300, 350 or 375 C, with
the exception of Al-0.14 Sc-0.012 Zr at 350 or 375 C.
These calculations were then utilized to determine an eﬀective theoretical activation energy for each alloy (Qmodel,
Table 5) from the slope of an Arrhenius plot of
kKV9RT(cb  ca)2/8ca(1  ca)cVm vs. inverse aging temperature (Fig. 12(b)).

Table 5
Comparison of experimentally determined activation energies
Alloy
Al-0.06
Al-0.07
Al-0.09
Al-0.14

Sc-0.005
Sc-0.011
Sc-0.047
Sc-0.012

Zr
Zr
Zr
Zr

QR (kJ mol1)a

Qmodel (kJ mol1)b

258 ± 37
240 ± 15
281 ± 17
134 ± 28

242
242
242
242

a
Values were calculated from the slope of the Arrhenius plot of
kexp9RT(cb  ca)2/8ca(1  ca)cVm vs. 1/RT, where Zr was assumed to be
the rate limiting solute element, Fig. 12(a).
b
Values were calculated from the slope of the Arrhenius plot of kKV
9RT(cb  ca)2/8ca(1  ca)cVm vs. 1/RT, where Zr was assumed to be the
rate limiting solute element, Eq. (1).

The temperature compensated values of kKV fall onto a
single line for the four Al(Sc,Zr) alloys, which, of course,
produces equal values of Qmodel (242 kJ mol1, Table 5).
It was anticipated that the values of Qmodel are equal, since
it is assumed that Zr is the rate-limiting diﬀusing element
and the activation energy calculated by tracer diﬀusion of
Zr in Al is 242 kJ mol1 [3] (Table 6). The collapsing of
the results for four alloys onto a single line demonstrates
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Table 6
Literature values for the diﬀusivity of Sc or Zr in Al
Solute elements

Method

Sc in Al

Tracer diﬀusivity
First-principle calculations
Coarsening measurements

Zr in Al

Tracer diﬀusivity
Coarsening measurements

Fig. 13. Calculated normalized coarsening rate constant at 300 C vs. Zr
and Sc concentrations obtained utilizing Eq. (4).

that the KV model does not account for a precipitate volume fraction eﬀect.
5. Conclusions
In a series of coarsening experiments, the temporal
behavior of Al(Sc,Zr) alloys was studied by TEM and
HREM, and compared to the results for Al(Sc) alloys
[26]. These experiments and their analyses result in the following ﬁndings:
 Part I [1] demonstrated that the precipitate chemical
composition is temporally changing during the process
of coarsening, which is discussed in detail in Part II.
 The exact morphology of Al3(Sc1xZrx) precipitates was
examined for the ﬁrst time, employing HREM, in
Al(Sc,Zr) alloys aged at 300 C (Fig. 1). Al3(Sc1xZrx)
precipitates in all ternary alloys are observed to have facets parallel to the {1 0 0} and {1 1 0} planes and, therefore, they are close to being great rhombicuboctahedra.
 The eﬀect of Al3(Sc1xZrx) precipitate volume fraction
and Zr additions on precipitate morphology was
observed. Alloys with <0.004 volume fractions of
Al3(Sc1xZrx) precipitates contain precipitates that are
initially spheroids, which evolve to cuboids, and ﬁnally
lobed cuboids; in contrast, alloys with P0.007 volume
fractions of Al3(Sc1xZrx) precipitates do not exhibit
lobed cuboids. Al3Sc precipitates in Al-0.07 at.% Sc
alloys are known to be irregularly shaped [26], while
additions of Zr produce faceted Al3(Sc1xZrx) precipitates at a higher number density than the Al-0.07 at.%
Sc alloy.

D0 (m2 s1)
4

5.31 · 10
–
(1.9 ± 0.5) · 104
7.28 · 102
5.4 · 103

Q (kJ mol1)

References

174
154
164 ± 9

[66]
[67]
[26]

242
222

[3]
[65]

 Al3(Sc1xZrx) precipitates temporally evolve morphologically from spheroids to cuboids to lobed cuboids
(Figs. 2 and 3).
 The eﬀect of elastic anisotropy on the formation of
lobed cuboids in Al-0.06 Sc-0.005 Zr and Al-0.07 Sc0.019 Zr alloys aged at 350 and 375 C is discussed,
where small volume fractions (<0.004) of precipitates
permit coarsening to occur with smaller elastic and diffusional interactions than the higher volume fraction
(>0.007) alloys.
 Time exponents for coarsening are determined from the
slopes of double logarithmic plots of average precipitate
radius, ÆRæ, vs. aging time (Eq. (1), Fig. 5) and precipitate number density, NV, vs. aging time (Eq. (2),
Fig. 6). Part I [1] presents a determination utilizing the
matrix supersaturation vs. aging time (Eq. (3)). The calculated time exponents for coarsening range from 0.02
to 0.21 (ÆRæ vs. t, Table 2) and 0.00072 to 0.39 (NV
vs. t, Table 3), which are signiﬁcantly less than the values of 1/3 and 1, respectively, predicted by UOKV
model for diﬀusion-limited coarsening of a ternary alloy.
From the matrix supersaturation vs. aging time [1] time
exponents for coarsening for Sc = 0.33 and Zr =
0.15 are calculated, compared to the predicted value
of 1/3.
 Agreement with the UOKV model of a ternary alloy is
not achieved for the following reasons: (a) accurate time
exponents for coarsening are diﬃcult to calculate when
precipitates do not coarsen signiﬁcantly, as is the case
for Al(Sc,Zr) alloys and therefore the time exponents
are eﬀective values; and (b) the precipitate size distributions (PSDs) are not self-similar.
 Assuming diﬀusion-limited coarsening, experimental
coarsening rates, kexp, are determined for Al(Sc,Zr)
alloys aged at 300, 350, or 375 C (Table 4), and compared to the model coarsening rates, kKV, obtained from
Eq. (1) [7]. Adding Zr was found to decrease the coarsening rate of Al3(Sc1xZrx) precipitates compared to
Al(Sc) alloys with the same volume fraction of Al3Sc
precipitates [26] (Fig. 11).
 A change in the Al3(Sc1xZrx) precipitate coherency is
observed to have a dramatic eﬀect on the coarsening
rate, as observed by the discontinuity in slope for two
Al(Sc,Zr) alloys aged at 375 C, Fig. 11. Once
Al3(Sc1xZrx) precipitates lose full coherency, the coarsening rate constant increases due to an increase in the
interfacial free energy of the precipitates.
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 Temperature-corrected eﬀective activation energies for
diﬀusion-limited coarsening are experimentally determined (Table 5) and compared to the literature values
for diﬀusion of Sc and Zr in Al (Table 6). Al-0.07
Sc-0.019 Zr, Al-0.06 Sc-0.005 Zr, and Al-0.09 Sc-0.047
Zr alloys have temperature-corrected experimental activation energies of 258 ± 37, 240 ± 15, and 281 ±
17 kJ mol1, respectively, and are, within experimental
error for the Al-0.06 Sc-0.005 Zr and Al-0.07 Sc-0.019
Zr alloys, close to the literature activation energy values
for diﬀusion of Zr in Al (222 [65] and 242 kJ mol1 [3]).
 In contrast, the Al-0.14 Sc-0.012 Zr alloy is found to
have an experimental activation energy of 134 ±
28 kJ mol1, which is, within experimental error, near
the literature values for the activation energy for diﬀusion of Sc in Al (174 [66], 154 [67], and 164 ± 9 kJ mol1
[26]).
 The previous two points imply that coarsening of the Al0.07 Sc-0.019 Zr, Al-0.06 Sc-0.005 Zr, and Al-0.09 Sc0.047 Zr alloys is controlled by volume diﬀusion of Zr
in Al, and coarsening of the Al-0.14 Sc-0.012 Zr alloy
is controlled by volume diﬀusion of Sc in Al.
 From the above conclusions, coarsening models for
ternary alloys are not obeyed in detail because Zr diffuses signiﬁcantly slower in Al than does Sc, so obtaining global equilibrium (between 300 and 375 C) is not
possible within reasonable time periods. The neglect of
the oﬀ-diagonal terms in the diﬀusion tensor is an
assumption of the KV model of coarsening of ternary
alloys, which implies that a signiﬁcant amount of ﬂux
is not carried by the oﬀ-diagonal terms and this may
be incorrect.
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